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A 12-8 switched-reluctance motor (ref. 1) (SRM) is studied in bearingless (or self-levitated) operation 
with coil currents limited to the linear region to avoid magnetic saturation. The required motoring and 
levitating currents are summed and go into a single motor coil per pole to obtain the highest power output of 
the motor by having more space for motor coil winding. Two controllers are investigated for the bearingless 
SRM operation. First, a model-based controller using the radial force in reference 2, which is adjusted by a 
factor derived from finite element analysis, is presented. Then a simple and practical observation-based 
controller using a PD (proportional-derivative) control algorithm is presented. Both controllers were 
experimentally demonstrated to 6500 rpm. This paper reports the initial efforts toward eventual self 
levitation of a SRM operating into strong magnetic core saturation at liquid nitrogen temperature.  
Nomenclature 
N number of turns of the motor winding 
Pa1 ~ Pa4 permeances of the air gap at phase A winding poles 
P sum of the permeances Pa1 ~ Pa4  
φa1 ~ φa4 magnetic fluxes of each tooth 
ima  motor winding current at phase A  
ia1  levitation current on the a1 axis at phase A 
ia2  levitation current on the a2 axis at phase A 
Lma  self-inductance of magnetic flux produced by ia1 
Lsa1 ,Lsa2 self-inductance of magnetic flux produced by ia1 ,ia2  
M(ma,sa1) mutual inductance between magnetic flux produced by ima and ia1 
M(ma,sa2) mutual inductance between magnetic flux produced by ima and ia2 
M(sa1,sa2) mutual inductance between magnetic flux produced by ia1 and ia2 
h stack length of lamination 
c constant 
r radius of rotor poles 
θa rotor rotational position in phase A 
lg air-gap length 
μo  permeability in the air 
α rotor displacement in the sa1 axis 
β rotor displacement in the sa2 axis 
θm  firing angle of motoring and levitating currents 
θw pulse signal width of motoring and levitating currents 
d derivative gain 
k actual magnetic bearing net stiffness 
ks negative magnetic bearing stiffness 
ki current stiffness 
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1. Introduction 
The NASA Glenn Research Center has been developing high-power-density motors (refs. 1 and 4) for 
possible use for pollution-free flight. One suggested method of achieving that goal is a hydrogen-fueled 
aircraft that could use turbogenerators to develop electric power for motors that rotate the aircraft’s 
propulsive fans or propellers. Hydrogen fuel would likely be carried as a liquid, which could provide 
essentially free refrigeration to cool electric motor windings before being used as fuel. Recently, we 
demonstrated improved performance of a switched-reluctance motor (SRM) (fig. 1), stemming mainly 
from cryogenic operation and coil design, surpassing (we believe) previous specific torque and specific 
tangential force records for the motor type. Furthermore, we anticipate more motor-specific power by 
upgrading electric power conditioning and coil windings.  
However, cryogenic operation at higher rotational speeds markedly shortens the life of mechanical 
rolling element bearings. Even without cryogenics, conventional bearing life may be limited at the high 
speeds possible with SRMs. Thus, to demonstrate the practical feasibility of using this high-power-
density motor, a noncontact rotor-bearing system is a crucial technology. During the last decade, a variety 
of bearingless motors have been introduced, including permanent magnet (refs. 5 and 6), induction (refs. 
7 and 8), and reluctance types (refs. 2, 3, 9, and 10). These motors have their own characteristics and 
applications. Among them, the SRM is a favored candidate for future airborne systems because it has 
inherent fault-tolerance and rotor robustness and reliability at high rotational speeds (no coil windings on 
the rotor). 
Since the SRM has doubly salient structure, it is not possible to obtain an exact analytical expression 
for its plant model. Numerous authors have addressed this problem with solutions using Maxwell stress 
tensor, finite element method (FEM), flux tube, and so forth. Takemoto et al. (ref. 10) in 2001 published a 
significant technical accomplishment on a successful controller demonstration of a 12-8 (12 poles in the 
stator and 8 poles in the rotor) bearingless SRM up to 2500 rpm. They developed a much simplified 
mathematical expression of the radial bearing force equation based on results of FEM analysis to express 
fringing fluxes and neglecting magnetic saturation. However, they added a separate magnetic bearing coil 
winding to each stator pole motor winding for the rotor levitation (a total of 2 coils per stator pole), 
resulting in additional power amplifiers and associated electrical subsystem for the extra 12 magnetic 
bearing coils. Furthermore, their controller is still a very complicated mathematical-model-based 
controller, which requires considerable effort for controller design and implementation. 
 
NASA Bearingless Switched-Reluctance Motor
Single-coiled stator
Position probes
 
Figure 1.— NASA bearingless switched-reluctance motor. 
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In this paper, a simple and practical PD (proportional-derivative) controller is presented for the 
bearingless (or self-levitated) operation of our SRM operating at room temperature with the coil currents 
limited to the linear region to avoid magnetic saturation. Compared to the previous work done by 
Takemoto et al. (ref. 2) and Shuang et al. (ref. 3), our work has two features in hardware and software. 
First, the motor does not have separate coils for motor action and magnetic bearing action, but only motor 
coils as in a conventional motor configuration. We favor the single-coil approach because it is more 
conducive to higher specific power. The single coil idea was originally proposed by Higuchi et al. 
(ref. 11) in 1989 and Preston et al. (ref. 12) applied it more specifically to the 12-8 switched-reluctance 
machine in 1995. However, to our knowldege, they did not publish an account of successful operation or 
describe the nature of their controller. Takemoto also considered the single winding concept, but decided 
to add separate levitation coils to the stator pole to counter amplifier problems at higher rotational speed. 
Second, as opposed to researchers who required a mathematical plant model in their controller, we have 
avoided mathematical complexity by using an observation-based controller, which can be implemented in 
real-time at much higher rotor speed. These features are important factors for aerospace application of this 
motor because it improves power output by having more space for motor coil winding, resulting in lower 
system weight and improved system reliability. 
First we describe a model-based controller, mainly following the procedure developed by 
Takemoto et al., but modifying it somewhat based on some three-dimensional finite element results. The 
resulting controller was successfully demonstrated experimentally. Then we demonstrated a much simpler 
observation-based PD controller for levitation, which does not require any mathematical plant models and 
is advantageous at high motor speed due to a less computation-intensive method.  
2. Motor Configuration 
As shown in figure 1, the motor is mounted with a vertical axis to simplify submersion in LN2.  A 
dynamometer  is mounted on the top with a flexible coupling to control the rotor speed up to 20 000 rpm. 
The stator O.D. is 7.25 in. (18.4 cm); the rotor O.D. is 3.96 in. (10.1 cm) and the axial length of the 
lamination stack is 1.97 in. (5.08 cm). The radial air gap is 0.02 in. (0.051 cm). The stator-pole arc, the 
stator-pole-gap arc, and the rotor-pole arc are all equal. The laminations are 0.006 in. (0.152 mm) thick 
and are made of Hiperco 50 HS. When operated on conventional rolling element bearings, the 18-lb 
motor developed a specific torque of 1.8 ft-lb/lb and achieved the specific power of 3.5 Hp/lb-EM. We 
anticipate more specific power by power conditioning improvement and further upgrades. 
Figure 2 shows only the phase A stator winding configuration of the 12-8 SRM. The arc angle of the 
rotor and stator teeth is 15° (mechanical angle). The motor winding on each stator pole is connected to an 
independent power amplifier, which has a ±170 Vmax and  ±15 A rms continuous current. Since there are 
no separate levitation coils, the required motoring and levitating currents for each pole are mathematically 
summed and applied as a single current to the motor pole winding. The phase B windings are shifted 
clockwise by 15° relative to the phase A; the phase C windings by 15° relative to the phase B. Square-
wave excitation current is applied to energize each phase and the interval is defined by the firing angle θm 
and signal pulse width θw (15° default value). The motoring torques and levitation forces are generated by 
these three phases for every 15°, between the start of overlap and aligned positions. The rotor angular 
position, θ, is defined as θ=0 at the aligned position of the phase A.    
In α-direction from figure 2, the motor main winding generates a biasing flux, whose flux density is 
increased at one air gap and decreased at the other air gap by flux density generated by the two-pole radial 
force current ia1 direction, and thus this superimposed imbalance of flux density results in the radial force 
Fα acting on the rotor in the α-direction. Similarly, a radial force in the β-direction can be produced by the 
two-pole radial force current ia2. Thus, radial force can be generated in any desired direction. This 
principle can be applied to phases B and C.  
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Figure 2.—Phase A motor winding configuration 
and levitation current polarity of the motor.      
 
 
                                                       
 
Figure 3.—A magnetic equivalent circuit of phase A. 
 
3. Radial Forces and Model-Based Controller Implementation 
In this section, we compare the radial force predictions of  Takemoto et al., Shuang et al., and our 
own three-dimensional finite element calculation. Based on the results we implemented an angle-
dependent correction to the Takemoto et al. controller for our initial experimental trials.  
3.1 Derivation of Inductance 
Figure 3 shows a magnetic equivalent circuit for phase A only. Voltage sources represent 
magnetomotive forces (MMFs) of the four-pole motor currents and the two-pole levitation currents. 
Permeances of the air gaps are shown as Pa1 ~ Pa4 and are expressed as equivalent resistances. Since 
Takemoto et al. derived well the flux-linkage formula (ref. 2), we plugged our configuration into their 
formula and obtained.   
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where the self-inductance and mutual inductance are  
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In case of stably controlled rotor position (i.e., α = β = 0), the permeance for each air gap will be the 
same and the mutual inductance in equation (2) will be cancelled out and thus it is easy to control Fα and 
Fβ independently.  
3.2 Radial Force Equation 
The stored magnetic energy, Wa, is given by one-half of the inductance of the coil times the square of 
the current. Thus, the radial forces Fα  and Fβ can be derived from the derivatives of the stored magnetic 
energy with respect to the displacements α and β, respectively. A simplified mathematical expression of the 
radial force was proposed in reference 2 and plugging our motor’s configuration into the formula gives 
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l
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π+β+θπ
θμ+θ−πμ=β∂
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The first term of the force expression is from the permeances between rotor and poles and the second 
term is from the fringing flux path, respectively. In reference 14, a new force equation that takes into 
account the cross coupling between the x- and y-axes radial forces was proposed. However, the change in 
the radial force prediction from the new coupled formula showed  little difference, which had a negligible 
effect as shown by simulation using MatLab/Symbolic software. Thus, for the simplicity of radial force 
expression, equations (3) and (4) are used in this paper.  
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Figure 4.—A Maxwell three-dimensional model of the motor for FEM analysis. 
 
 
 
TABLE I.— MAIN DIMENSIONS OF THE MOTOR 
 
Stack length, h 2 in. 
Average air-gap length, lg 0.02 in. 
Constant, c 1.49 
Rotor pole radius, r 1.98 in. 
Number of turns of main winding, N 80 
Motoring current, im 8 amps 
Levitation current in x-axis, isa1 2 amps 
Levitation current in y-axis, isa2 2 amps 
 
 
 
In 2002, Shuang et al. (ref. 3) also proposed new formulae for radial forces based on Fourier 
analysis of the permeance. In order to investigate the accuracy of the various radial force equations, we 
created a three-dimensional Maxwell model (fig. 4) for the finite element analysis of inductance and 
radial force and compared our FEM results with Takemoto’s and Shuang’s results. Table I shows a 
summary of main dimensions of the motor and parameters for the radial force calculation.  
Figure 5 shows the radial forces calculated by using Takemoto’s formula in equations (3) and (4), 
Shuang’s new formula in reference 3, and a Maxwell three-dimensional FEM analysis from fully 
aligned to unaligned rotor positions. It is observed that Shuang’s and Takemoto’s results agreed well, 
except from 0° to about 2.5° (0.044 radians) of the rotor positional angles from fully aligned position. 
Overall Shuang’s radial force formula looked more realistic than Takemoto’s formula. However, 
Takemoto’s mathematical equation was selected to implement the first bearingless controller because it 
is easier to invert for calculating the levitation control current needed to produce a given radial force. 
Here, we assume that the FEM represents the real motor model. The difference between Takemoto’s 
radial force prediction and the FEM result from the fully aligned position to the end of overlap position 
was utilized in our controller to minimize the required control current error. For the instantaneous rotor 
angle for each phase, the levitating current is increased by the ratio of Takemoto’s force to the FEM 
force shown in figure 5, from 0° to 15° (0.262 radians) of the rotor positional angles.   
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Figure 5.—Static radial force prediction. 
 
 
3.3 Model-Based Controller Implementation 
A control algorithm was implemented by inverting the radial force equations in equations (3) and 
(4). For given radial force and motoring current, the required levitation current is calculated and 
summed with the motoring current. The superimposed currents go to the single motor coil through a 
pulse-width modulation (PWM) power amplifier. MatLab/Simulink software was used for a closed-
loop simulation of motoring and a dSPACE system was used for the real-time motor control system. 
Figure 6 shows a simplified block diagram of the control system where the rotor radial position is 
controlled with a negative feedback loop. At the beginning of motor operation, an auto kickstart is 
implemented based on a simple algorithm. First, a ramp-up signal is generated slowly and stays for a 
while to obtain a fully aligned rotor position and then the motor current for the next phase is 
generated for a certain period. Four position probes (see fig. 1) mounted near the bottom of the motor 
shaft sense the shaft radial position and those signals are fed back to the controller blocks for 
magnetic bearing action. Also an eight-per-rev signal is fed back to the front part of the controller to 
calculate the rotor angular position and speed and to identify the phase. Those inputs are necessary to 
calculate levitation current for each phase. For phases B and C, which are shifted by 15° and 30° 
relative to phase A, respectively, a transformation matrix is used to calculate the levitation currents 
for those two phases. There is a software speed control switch to select one of three choices for the 
motor speed control. The first is to use a dynamometer attached on the top of the motor, which can 
control the motor up to 20 000 rpm. The second is an open-loop control in which we choose the 
firing angle, pulse width, and the motoring current to manipulate the amount of positive and negative 
torques (see fig. 7). The last option is a closed-loop speed control (refs. 13 and 14), which has been 
successfully implemented. 
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Figure 6.—Simplified block diagram of control system. 
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Figure 7.—Phase A energizing for motoring and levitation. 
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We ran the motor from 0 rpm up to 6500 rpm (maximum allowable speed at that time) with small 
rotor orbits. Figures 8 through 10 show the experimental data of the rotor orbit (shown within the backup 
bearing clearance circle), the command signal from the controller, and the actual current applied to PWM 
amplifier for each phase. As shown in the figures, the rotor is quite stable and maintains within less than 
10 percent of the backup bearing clearance. The required levitation current is less than 10 percent of the 
motoring current. 
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Figure 8.—Rotor orbit within backup bearing clearance circle, command signals and actual currents at 1k rpm. 
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4. A Simple PD Controller 
In the previous section, we showed a model-based controller, which required a somewhat complicated 
derivation of a mathematical expression of radial force. In this section, we present an observation-based 
controller using a PD control scheme, which does not require a plant model for controller design. Its 
control law is  
 
 
i
s
k
xdxkkxxi
&& ⋅+⋅+−= )(),(  (5) 
 
with a proportional gain is kkkP /)( +=  and a derivative gain ikdD /= .  The proportional gain includes a 
term to offset the negative bearing stiffness sk and one to produce the actual bearing net stiffness k .  The 
derivative component controls the damping of the rotor radial positions. The D term was digitally realized 
as (current position—previous position)/sample time. The only constraint is that the levitation current 
cannot be greater than the motoring current to avoid the polarity change of stator pole for each phase. A 
much simplified controller block diagram is thereby obtained by eliminating the calculation block (see 
fig. 6) for levitation currents. The rest of the controller features are the same as described in section 4.3. 
4.1 Stability Map 
As the first steps in operating the motor, we determine which combinations of proportional and 
derivative gains produce stable operation. Beginning at low speed, a stability map is obtained 
experimentally at each successive speed  by changing one gain with the other gain fixed until the rotor 
orbit hits the predefined orbit limit. These gain sets show stability surface under which stable operation of 
the system is achieved at the entire operating range. While testing the new controller parameters, the 
middle range gain set is selected and plugged into the controller as a “safe” gain set, which is triggered to 
protect the bearing system at higher speeds when the rotor orbit exceeds the predefined orbit size. 
Figure 11 shows a stability map of the proportional and derivative controller safe gains. In each case the 
stable area lies between the two plotted curves. 
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Figure 11. An x-axis stability map. A y-axis stability map obtained similarly.   
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4.2 Fault Tolerance 
A SRM has inherent fault-tolerant motoring operation. However, to investigate the self-levitated 
motoring operation, a quasi-fault-tolerant feature by providing zero currents to certain coils is added to 
the controller cockpit window. At low levitation currents, a small offset from the reference position 
occurs where a coil current is suddenly switched off. When an integral feedback scheme is implemented 
with the existing PD controller, any deviation of the position is integrated over time slowly and added to 
the feedback until the error signal e becomes zero. We tested a variety of fault-tolerant bearingless motor 
operations and achieved a fault-tolerant operation using only 6 certain coils (not arbitrarily selected) out 
of 12 coils. A more detailed discussion is beyond this paper’s scope. In addition, there is a switch to 
utilize an integrator at the control force output to find the magnetic force center to minimize the control 
effort. 
4.3 Controller Cockpit Window 
Figure 12 shows the MatLab/Simulink model for the closed-loop simulation for the real-time motor 
controller. A user-friendly controller cockpit window for the dSPACE control system (fig. 13) allows 
modification of control parameters and aforementioned features such as automatic kickstart, speed control 
method, motor current, firing angle, pulse width, and stiffness and damping gains for the PD controller, 
fault tolerance, and so forth. In addition to an external comprehensive data collecting system, a simple 
data acquisition capability is added to the control cockpit window to monitor the system performance.  
 
 
 
 
Figure 12.—MatLab/Simulink closed-loop system model that represents the bearingless motor control system.   
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Figure 13.—Controller cockpit window for the dSPACE control system. 
 
4.4 Controller Results 
 By using the simple PD controller, we ran the motor from 0 rpm up to 6500 rpm. The rotor orbits 
were small and solid over the entire operating range, but some high-frequency noise remained in the 
control current. The rotor orbit around 4600 rpm was somewhat shaky with relatively larger vibration 
amplitude and control current at the time of data collection. Notice that even the largest rotor orbits are 
within less than 10 percent of backup bearing clearance and the required levitation current is less than 
10 percent of the motoring current. Figures 14 through 16 show the experimental data of the rotor orbit, 
shown within the backup bearing clearance circle, command signal from the controller, and the actual 
current applied to PWM amplifier for each phase.   
Compared to the model-based controller’s performance shown in figures 8 through 10, the PD 
controller performance is similar in terms of the rotor orbit and control current amplitude. A more 
sophisticated comparison in terms of bearing load capacity, torque, and power will be presented in the 
next publication. 
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Figure 14.—Rotor orbit within backup bearing clearance circle and command and actual current signals at 1k rpm. 
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5. Conclusion 
A model-based controller using a modified Takemoto’s method (added some corrections based on 
some three-dimensional FEM results) was successfully implemented and demonstrated on the NASA 
high-power-density SRM, which does not have separate coils for motor action and magnetic bearing 
action, but only motor coils as in a conventional motor configuration. This feature is an important factor 
for developing a high specific power motor because it improves power output by having more space for 
motor windings. Also, our simple observation-based PD controller was developed to avoid mathematical 
complexity and thereby provide faster real-time calculation at much higher rotor speed. Both controllers 
were investigated up to the maximum allowable speed of 6500 rpm to determine the optimal controller for 
our rig. Both controllers worked well in terms of rotor orbit and control current level throughout the speed 
range. 
In this paper, the current preparatory results are confined to the linear range of the magnetic core and 
to room temperature operation. In the near future, we will extend the self-levitation well into the fully 
saturated magnetic region where a super high-power-density motor operates. In addition, experimental 
characterization of magnetic bearing force will be presented in terms of motor current (bias current), 
negative stiffness, control current, and current stiffness. The bearing load capacity will be compared with 
theoretical calculation and experimental power measurements will also be presented. 
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Figure 16.—Rotor orbit within backup bearing clearance circle and command and actual current signals at 5k rpm. 
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Figure 15.—Rotor orbit within backup bearing clearance circle and command and actual current signals at 3k rpm. 
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